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Identification of Network Parameter Errors
Jun Zhu and Ali Abur, Fellow, IEEE

Abstract—This paper describes a simple yet effective method for
identifying incorrect parameters associated with the power net-
work model. The proposed method has the desired property of dis-
tinguishing between bad analog measurements and incorrect net-
work parameters, even when they appear simultaneously. This is
accomplished without expanding the state or the measurement vec-
tors. There is also no need to a priori specify a suspect parameter
set. All these features are verified via simulations that are carried
out using different-size test systems for various possible cases. Im-
plementation of the method involves minor changes in the weighted
least-squares state estimation code; hence, it can be easily inte-
grated into existing state estimators as an added feature.

Index Terms—Lagrange multipliers, parameter errors, power
system state estimation.

I. INTRODUCTION

ALL THE energy management system (EMS) applications
make use of the network model in the mathematical

formulation of their problem. Transmission line resistances,
reactances and charging capacitances, transformer reactances
and tap values, and shunt capacitor/reactor values are examples
of network parameters that are required to build the network
model. Among the EMS applications, state estimation plays an
important role since it provides the network model for all other
applications.

Traditionally, state estimation is carried out assuming that the
correct network model is known. Therefore, any inconsistencies
detected during the estimation process will be blamed on the
analog measurement errors. Errors in the network model may
be due to topology and/or parameter errors.

The influence of the parameter errors on the state estimation
solution is studied in detail in [1] and [2]. Existing methods of
parameter error identification are of two types [1]. The first type
is based on residual sensitivity analysis [3]–[9], where the sensi-
tivities of the measurement residuals to the assumed parameter
errors are used for identification. This analysis is performed on
the solved state estimation case, and therefore, the core state
estimation code will remain untouched. This is the main advan-
tage of this type of approach. The second type uses a state vector
augmented by additional variables, which are the suspected pa-
rameters. This approach can be implemented in two different
ways: one using the static normal equations [2], [10]–[16] and
the other using the Kalman filter theory [17]–[24].
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Topology errors, on the other hand, involve incorrect status
information for circuit breakers, and several methods are pro-
posed so far for their detection and identification [25]–[29].
Among these methods, a recent one that is based on a reduced
system model and the use of Lagrange multipliers [28], [29]
addresses the main shortcoming of the previously proposed
methods by eliminating the need to identify a suspect substation
before topology error identification.

In this paper, a new parameter error identification method
that complements the topology error identification method of
[29] is proposed. This method is based on the Lagrange mul-
tipliers of the parameter constraints. A set of additional vari-
ables that correspond to the errors in the network parameters
is introduced into the state estimation problem. However, di-
rect estimation of these variables is avoided by the proposed
formulation. Following the traditional state estimation solution,
measurement residuals are used to calculate the Lagrange multi-
pliers associated with the parameter errors. If these are found to
be significant, then the associated parameter will be suspected
of being in error. The main advantage of this method is that
the normalized measurement residuals and parameter error La-
grange multipliers can be computed, allowing their identifica-
tion even when they appear simultaneously. The first part of the
proposed procedure is based only on the conventional weighted
least-squares (WLS) state estimation solution; however, the sub-
sequent error identification and correction procedures will have
to be implemented and integrated into the existing code. There
is no need to specify a suspect set of parameters a priori, since
the method will readily identify the erroneous parameters along
with any existing bad measurements.

This paper is organized such that Section II presents the pro-
posed formulation and solution of the parameter error identifi-
cation problem. Implementation details and the results of simu-
lations are given in Section III. Section IV concludes the paper.

II. PROPOSED METHOD

A. Problem Formulation

Consider the following measurement model:

(1)

where
z measurement vector;

nonlinear function relating the measurements to
the system states and network parameter errors;

x system state vector, including voltage magni-
tudes and phase angles;
vector containing network parameter errors;
vector of measurement errors.
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Buses with no generation or load will provide free and exact
measurements as zero power injections. These can be treated as
equality constraints given by

(2)

The network parameter vector will be modeled as

(3)

where and are the assumed and true network parameter
vectors. Network parameter errors are normally assumed to be
zero by the state estimator. Therefore, for error-free operation,
the following equality constraint on network parameter errors
will be used:

(4)

The WLS state estimation problem in the presence of network
parameter errors and equality constraints can then be formulated
as the following optimization problem:

Minimize:

Subject to:

(5)

where
measurement residual vector;
diagonal matrix whose inverse is the mea-
surement error covariance matrix, cov(e).

Applying the method of Lagrange multipliers, the following
Lagrangian can be defined for the optimization problem of (5):

(6)

Applying the first-order optimality conditions

(7)

(8)

(9)

(10)

where

(11)

(12)

(13)

(14)

and are the Lagrange multipliers for the equality constraints
(2) and (4).

Equation (8) can be used to express in terms of and

(15)

where

(16)

is the parameter sensitivity matrix.
Equality constraint (4) allows substitution of in (7)–(9).

Denoting and by and , respectively,
the measurement equations will take the following form:

(17)

(18)

Note that (17) and (18) are the conventional measurement and
zero injection equations used by the state estimators. They do
not include parameter errors as explicit variables. Substituting
the first-order Taylor approximations for and , the
following linear equations will be obtained:

(19)

(20)

where , being the initial guess for the system
state vector .

Using (7), (19), and (20), the following equation will be
obtained:

(21)

This equation is the same equation used for the iterative solu-
tion of the conventional WLS state estimation problem. Hence,
the solution for the measurement residuals and the Lagrange
multipliers for the zero injections can be obtained first by it-
eratively solving (21). Once the state estimation algorithm suc-
cessfully converges, (15) can be used to recover the Lagrange
multiplier vector associated with the parameter errors.

B. Computation of the Normalized Lagrange Multiplier

Since the main aim of this paper is to identify parameter er-
rors, the validity of the constraint (10) will have to be tested.
This can be done based on the Lagrange multiplier vector as-
sociated with the parameter error vector . In order to test the
significance of a given value, it will be normalized using its
covariance matrix cov , which can be obtained as in [30] and
also described below.

Letting and using (15)

cov cov (22)



588 IEEE TRANSACTIONS ON POWER SYSTEMS, VOL. 21, NO. 2, MAY 2006

The covariance of , can be calculated by first ex-
pressing and in terms of the measurement mismatch. To do
that, let the inverse of the coefficient matrix in (21) be given in
partitioned form as follows:

(23)

Noting that at the solution, (21) will yield the
following expressions for and :

(24)

(25)

Let ; then

(26)

cov (27)

The Lagrange multipliers for the parameter errors can then be
normalized using the diagonal elements of the covariance matrix

defined in (22)

(28)

for all , where is the total number of network
parameters whose errors are to be identified.

Note that the denominator in (28) will be zero for cases where
local measurement redundancy does not allow detection of er-
rors in parameter . One such case is when all measurements
that are functions of a parameter are critical. The other obvious
one is when there are no measurements that are functions of a
parameter.

C. Correction of the Parameter in Error

After the parameter in error is identified, this specific param-
eter can be corrected by estimating its true value simultaneously
with the other state variables [1]. In order to accomplish this,
the state vector is augmented by the suspicious parameter ,
yielding the following new state vector, :

(29)

where
conventional state variables;

p parameter previously identified as erroneous.
The solution of the state estimation problem will yield not

only the state estimates but also the estimated value of the sus-
pect parameter.

D. Error Identification/Correction Algorithm

The above formulation can be used to develop an algorithm to
detect, identify, and eliminate network parameter errors as well
as bad data. Such an algorithm is proposed in the following.

Step 1) WLS State Estimation
This is the WLS state estimation problem as cur-

rently solved by existing software. In addition to
the measurement residual vector , the solution will
provide the Lagrange multiplier vector of zero in-
jections if they are treated as equality constraints
in the state estimation formulation. The solution in-
volves repeated solution of (21) until convergence.
Note that all parameter errors are assumed to be zero
and therefore ignored at this step.

Step 2) Bad Data and Parameter Error Identification
Compute the normalized residuals for the

measurements, as described in [31], and the nor-
malized Lagrange multipliers for the parameter
errors, as in (28). Section II-B illustrates the steps
leading to (28).

Choose the larger one between the largest
normalized residual and the largest normalized
Lagrange multiplier.

• If the chosen value is below the identification threshold,
then no bad data or parameter error will be suspected. A
statistically reasonable threshold to use is 3.0, which is the
one used in all simulations presented in the next section.

• Else, the measurement or the parameter corresponding to
the chosen largest value will be identified as the source of
the error.

Step 3) Correction of the Parameter Error
If a measurement is identified as bad, it is re-

moved from the measurement set. Equivalently, its
value can be corrected using a linear approximation
for the estimated measurement error [31].

If a parameter is identified as erroneous, it is cor-
rected by estimating its value by the method de-
scribed in Section II-C using the augmented state
vector defined as (29). Substitute the estimated pa-
rameter value for the old one and go to Step 1).

Note that bad data and parameter errors are processed simul-
taneously. This is possible provided that there is sufficient mea-
surement redundancy and the parameter errors are not strongly
correlated with the bad data. Since parameter errors are persis-
tent whereas bad data usually appear in a single scan, the like-
lihood of simultaneously having strongly interacting bad data
and parameter errors is small. Furthermore, using this approach,
there is no need to specify which parameter is to be tested for
errors, a priori state estimation. Those three steps are separated
from each other. Step 2) uses the results of the normal state esti-
mation done in Step 1), and the set of suspicious parameters can
be easily changed in Step 2) and without requiring re-estimation
of the system states.

III. SIMULATION RESULTS

The above-described parameter error identification procedure
is implemented and tested on IEEE 14-, 30- and 57-bus test sys-
tems. Different cases are simulated where errors are introduced
in transmission line parameters, transformer taps, shunt capaci-
tors, and analog measurements. Both single errors and simulta-
neously occurring errors in analog measurements and parame-
ters are simulated. The performance of the method as well as its
limitations is illustrated through these examples.
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TABLE I
SIMULATED PARAMETER AND MEASUREMENT ERRORS

TABLE II
RESULTS OF ERROR IDENTIFICATION—14-BUS SYSTEM

TABLE III
RESULTS OF ERROR IDENTIFICATION—30-BUS SYSTEM

TABLE IV
RESULTS OF ERROR IDENTIFICATION—57-BUS SYSTEM

A. Case 1: Line Impedance or Measurement Error

This case presents single errors in transmission line imped-
ances or analog measurements. The method is shown to differ-
entiate between these different types of errors and to correctly
identify the error. The simulated errors for the three test sys-
tems are listed in Table I, where tests A and B are carried out as
follows.

Test A) An error is introduced in the line parameter listed in
Table I; all analog measurements are error free.

Test B) No parameter errors are introduced; all measure-
ments are error free, except for the listed flow in
Table I.

Tables II–IV show the sorted normalized residuals and
normalized Lagrange multipliers , obtained during the tests
of Table I.

TABLE V
ESTIMATED AND TRUE PARAMETERS OF LINE IMPEDANCES

TABLE VI
TAP AND MEASUREMENT ERROR IDENTIFICATION

TABLE VII
ESTIMATED AND TRUE PARAMETERS OF TAPS

For Test A, the estimated parameter values based on the pro-
cedure of Section II-C are shown in Table V for all three tested
systems.

As evident from the above, single line impedance errors as
well as single analog measurement errors can be identified and
corrected by this approach.

B. Case 2: Transformer Tap or Measurement Error

This case presents single errors in transformer taps or analog
measurements. Errors are simulated for the 57-bus test system,
where tests A and B are carried out as follows:

Test A) A 1% error is introduced in the transformer tap
value ; all analog measurements are error
free.

Test B) No parameter errors are introduced; all measure-
ments are error free, except for the flow .

Table VI shows the sorted normalized residuals and Lagrange
multipliers that are obtained during Tests A and B. Again, for
Test A, the estimated value of the wrong parameter is shown in
Table VII.

As in case 1, the method successfully identifies and corrects
transformer tap errors while maintaining its ability to identify
any errors appearing in analog measurements.

C. Case 3: Errors in Shunt Capacitor/Reactor Parameters

Errors in the parameters of shunt devices such as capacitors
or reactors can be detected but not identified. The reason is the
lack of redundancy, i.e., there is only one measurement, namely,
the reactive power injection at the corresponding bus, whose ex-
pression contains this parameter. Hence, when there is an error
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TABLE VIII
SHUNT SUSCEPTANCE ERRORS

TABLE IX
ESTIMATED AND TRUE PARAMETERS OF SHUNT SUSCEPTANCES

TABLE X
MULTIPLE ERROR IDENTIFICATION RESULTS

in this injection measurement or an error in the shunt device pa-
rameter, this error will be detected, but its source cannot be iden-
tified. The injection measurement and the parameter constraint
constitute a critical pair. This case illustrates two examples of
this limitation for 14- and 30-bus test systems.

Errors are introduced in the shunt susceptances at bus 9
and at bus 24 of 14- and 30-bus systems, respectively.
The normalized residuals and Lagrange multipliers are given
in sorted form in Table VIII. Note that the reactive injection
measurements and shunt susceptances have identical normal-
ized values, indicating that they constitute a critical pair whose
errors cannot be identified.

The estimated and true parameter values are shown in
Table IX.

D. Case 4: Simultaneous Errors

This case shows the identification of multiple errors occur-
ring simultaneously in the 14-bus system. Errors are simulated
in the reactance of the transmission line 2–4, tap of the trans-
former 4–9, and the power flow measurement in line 4-2. The
largest normalized value test is used to identify these errors one
at a time. Results of normalized value tests for each error iden-
tification cycle are presented in Table X.

TABLE XI
ESTIMATED AND TRUE PARAMETERS OF MULTIPLE ERRORS

TABLE XII
SIMULTANEOUS ESTIMATION OF ALL IDENTIFIED PARAMETERS

When corrected, the parameter values are found, as shown
in Table XI. Notice that when there are multiple errors in the
network parameters as well as analog measurements; repeated
application of the largest normalized value test can identify er-
rors one by one, as shown in Table X. However, due to the in-
teraction between multiple parameter errors, sequential correc-
tion of parameter errors may yield approximate values, as in
Table XI. This approximation error can be minimized by exe-
cuting an extra estimation solution, where all identified param-
eters are included simultaneously in the augmented state vector.
The results for this case are shown in Table XII. Note that the re-
sults in Table XII are more accurate than those given in Table XI.

Similar to the case of the multiple interacting and conforming
bad data, there may be situations where strongly interacting pa-
rameter and analog measurement errors cannot be identified due
to error masking. Such cases are, however, rare and cannot be
handled by this method.

E. Case 5: Inherent Limitations: Multiple Solutions

Identification of errors in network parameters is inherently
limited by the available set of measurements as well as the
system topology. The limitation is due to the possibility of
multiple solutions corresponding to two or more parameter
errors that affect the same subset of measurements.

Consider two network parameters p1, p2 and their erroneous
values , . If two different solutions , yielding the same
objective function value can be found such that

then the WLS state estimator will equally likely converge to
either one of these solutions. Hence, it will not be possible to
identify which of these two parameters is actually in error.

One such situation is illustrated by the following two tests
that are carried out on the IEEE 14-bus system whose diagram
and measurements are shown in Fig. 1.

Test A) The reactance for line 6–12 is incorrect; all
measurements are exact.

Test B) The reactance for line 12–13 is incorrect; all
measurements are exact.

The incorrect parameters for the two neighboring lines are
chosen as shown in Table XIII. These two parameter errors will
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Fig. 1. IEEE 14-bus system.

TABLE XIII
OBJECTIVE FUNCTION VALUES FOR TESTS A AND B

TABLE XIV
ERROR IDENTIFICATION OF SERIES LINES

be detectable but not identifiable. Either one of the parame-
ters can be identified as incorrect, depending upon the initial
conditions used in the iterative solution of the state estimation
problem.

In Test A, the proposed method correctly identified as
the erroneous parameter, while in Test B, the same algorithm
still identified the same parameter instead of the incorrect pa-
rameter as bad data. The reason can be easily seen by
looking at the almost identical objective function values corre-
sponding to the two tests in Table XIII. As shown in Table XIV,
in Test B, is identified instead of the real parameter in
error, . The estimated states for the two test cases are
shown in Table XV. Note that the two estimates differ very little,
only at the buses incident to the branches with parameter errors,
namely, buses 6, 12, and 13.

IV. CONCLUSION

This paper presents a method for identifying network param-
eter errors, even in the presence of bad analog measurements.
The parameter error identification is accomplished by formu-
lating the parameter errors as zero equality constraints and then

TABLE XV
ESTIMATED STATES FOR TESTS A AND B

testing the significance of the associated Lagrange multipliers.
These are computed from the normalized measurement resid-
uals obtained by the WLS state estimation. The method can deal
with mixed-type multiple errors in measurements and network
parameters. There is also no need to specify a set of suspect
parameters before state estimation. Once the parameter error
is identified, its correct value is estimated using the augmented
state estimation method. Several examples are simulated to il-
lustrate the effectiveness of the method. This paper also shows
the inherent limitations of error identification for certain special
cases. The method can be readily implemented as a user-defined
option by modifying an existing WLS state estimation code.
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